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Abstract

This article identifies some issues, options and results associated with 3D Explosively Formed Penetrator
(EFP) computations. The three broad categories of interest (for Lagrangian computations) are the sliding/
contact interfaces, the type and arrangement of elements, and the generation of the grid. The sliding/
contact algorithm uses a virtual particle approach that is very robust, and it is described in detail.
Tetrahedral elements are considered for both symmetric and non-symmetric arrangement, each with some
advantages and disadvantages. A mixed element algorithm is also considered for the non-symmetric
arrangement, in an effort to eliminate some of the locking that occurs for the non-symmetric arrangement.
Hexahedral (brick) elements are not considered herein, but some of the effects (for tetrahedral elements)
also apply to hexahedral elements. For axisymmetric EFPs there are also some trade-offs (symmetric grid
vs. equally sized elements) associated with the generation of the grid. Computational results are provided to
illustrate each of the issues and effects. The virtual particle algorithm is also well suited for high-velocity
impact computations, and an example is included to demonstrate this capability for a complex problem.
r 2005 Elsevier Ltd. All rights reserved.
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1. Introduction

Three-dimensional Explosive Formed Penetrator (EFP) computations have been performed for
more than 20 years [1]. These EFPs are generally formed to travel for significant distances before
see front matter r 2005 Elsevier Ltd. All rights reserved.
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delivering their kinetic energy to the intended target. The primary applications are for mining and
for the defeat of armor. During the past 10 years, there has been much effort directed at forming
stabilizing fins on these penetrators such that they can ‘‘fly’’ in a stable mode for greater distances.
These finned designs require a capability to perform 3D computations. In 1993, Weimann [2]
presented five different ways to form a star shaped tail and successfully demonstrated these
techniques experimentally. In 1995, Bouet et al. [3] demonstrated a finned design using three
detonation points. Here the results were presented for both experiments and computations. More
recently there have been several efforts [4–7] that have presented both experimental results and
computational results. Although there have been computed results that show good agreement
with experimental results [3–7], generally the computational issues have not been addressed in
these articles. This paper provides a discussion of some of the technical issues and presents some
related results. It also demonstrates how a sliding/contact algorithm that works well for EFPs, is
also well suited for high-velocity impact computations.
2. Technical discussion

There are three broad categories of interest that are of importance for 3D EFP (Lagrangian)
computations: sliding/contact interfaces, type and arrangement of elements, and generation of the
grid. The focus is on 3D axisymmetric computations with a single detonation point and no
stabilizing fins.
The typical EFP considered in this article is shown in Fig. 1, along with a 2D grid and

computation. The four components are a cylindrical steel case, a circular steel base plate, an iron
liner with a radius of curvature, and an explosive fill. The detonation point is on the axis of
symmetry, at the interface of the base plate and the explosive.

2.1. Sliding/contact algorithm

EFP computations require a very robust contact/sliding algorithm, which includes an accurate
and efficient search routine. The difficulties associated with EFP computations are due to the high
pressures, high detonation velocities in the explosives (that are greater than the sound velocities in
the solids), and the intersection of more than two materials at a specific point. An algorithm that
works well for impact problems involving mild distortions may often fail when subjected to an
EFP application. It should also be noted that the discussion in this paper relates to the authors’
experiences with their sliding/contact algorithms [1,8–10], as they are clearly understood by the
authors. It is not appropriate to comment on undocumented strengths and weaknesses of other
algorithms, as there are some very subtle details (often known only to the developers) that can
make or break a sliding/contact algorithm.
The upper left portion of Fig. 2 shows a cross-section of three distinct bodies (case, liner, and

explosive) that are in contact before the nodal update (at time ¼ t) and that are moving
in directions to cause overlap after the nodal update at the end of the integration cycle
(at time ¼ tþ Dt), as shown in the upper right. As a point of reference, this is the same area as
shown in the upper right portion of the EFP in Fig. 1. The three bodies are composed of elements
(not shown for clarity) whose exterior faces form the sliding/contact interface, both on the
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Fig. 1. Description of the EFP and a 2D computation.
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cross-section shown in Fig. 2, and the third dimension normal to the cross-section. For the sliding/
contact algorithm developed by the authors [8] each (slave) node that has crossed through the
interface (master surface) must be adjusted to bring it back to the surface. This is accomplished by
adjusting the velocities and positions of the slave and master nodes to conserve linear and angular
momenta, and to provide a normal velocity match of the slave node on the master surface. The
approach is symmetric (all surfaces are both slave nodes and master surfaces) and the velocity
match is accomplished with an iterative technique. Furthermore, it allows for a fully automatic
approach, where the user is not required to specify specific surfaces as slave and/or master.
This approach works very well provided the slave node is matched with the proper element face

on the master surface. As can be seen in the upper right of Fig. 2, however, there is a very complex
interaction where the three bodies meet. If the slave node is matched with the wrong portion of the
master surface, the velocities and positions are incorrectly adjusted and the computation will often
stop. In an effort to reduce the searching errors, the problem can be broken down into a group of
slave and master surfaces. For example, in Fig. 2, there could be one interface between the case
and the liner, another between the case and the explosive, and a third between the explosive and
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Fig. 2. Description of the searching algorithm with a virtual diameter on the slave nodes.
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the liner. Although this approach has worked well in the past [1], it requires the user to specify
specific interfaces and it also introduces some order-dependence into the solution.
The robustness of the searching algorithm can be significantly enhanced by considering each

slave node to have a finite diameter, as shown in the lower left of Fig. 2. If this finite diameter is
represented by a virtual particle, then the sliding/contact algorithm is identical to that used for
meshless particles interacting with finite element grids [9,10]. A similar concept has been used by
other researchers [11–13]. The diameter of the virtual particle is taken to be

D ¼ 2V refDt, (1)

where V ref is a reference velocity that is greater than the relative velocity of any two nodes during
the course of the computation and Dt is the integration time increment. The reference velocity can
generally be set to 1.1–1.5 times the initial impact velocity or detonation velocity (of the
explosive). This insures that the center of the (slave) node will never cross the master surface and
this allows an accurate search to be made. The virtual particle (slave node) simply interacts with
the element face (master surface) with which it has the greatest crossover, as shown in the lower
right of Fig. 2. Here it would be assumed to interact with the case because the crossover is greater
for the case than for the liner. If a virtual particle has a significant crossover for more than one
element face (master surface), then the adjustment can be made for multiple surfaces, but this is
generally not necessary. Usually the match (for the next highest crossover) can be made during the
next integration cycle (when it has the greatest crossover). The authors have found this approach
to be very robust, but a disadvantage is that the initial grid must be generated with a small
gap (equal to D/2) between the individual bodies. This gap is generally small enough to not affect
the results of the computation, but it does provide an additional complexity when generating the
grid. Note that a smaller gap is required for finer grids because the integration time increment
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(Dt in Eq. (1)) is decreased as the grid becomes finer. Although it is possible to allow the virtual
particle diameter in Eq. (1) to change as Dt changes, the preferred approach is to hold it constant
based on a maximum (constant) Dt:

2.2. Element type and arrangement

Almost all 3D EFP (Lagrangian) computations have been performed with constant stress
tetrahedral elements [14] or constant stress hexahedral (brick) elements with hourglass control [15,16].
A mixed algorithm for tetrahedral elements [17] is also considered in this paper. Fig. 3 shows
tetrahedral elements arranged in a symmetric brick arrangement (24 tetrahedral elements in a brick)
and a non-symmetric arrangement (6 tetrahedral elements in a brick). The symmetric arrangement has
a node in the center to which all the elements are attached, and the non-symmetric arrangement has a
diagonal that goes from the lower right of the front face to the upper left of the rear face. The
symmetric arrangement reduces the volumetric locking sometimes associated with tetrahedral elements,
whereas the non-symmetric arrangement exhibits significant locking [17]. The non-symmetric
arrangement can also be used with mixed algorithms that have demonstrated a significant reduction
in locking for cylinder impact computations [17]. It will later be shown that some inaccuracies are
introduced by the secondary nodes (center nodes on the faces of the symmetric brick arrangement)
when used for the EFP application. Finally, the hexahedral elements have no problems with locking
inaccuracies, but they generally are not as robust as tetrahedral elements when subjected to severe
distortions (because they can allow the grid to tangle). Tetrahedral elements, on the other hand, cannot
allow the grid to tangle without going through a zero-volume configuration. Fig. 3 also shows the
relative size of the individual hexahedral (brick) element, a non-symmetric arrangement of 6 tetrahedral
elements (non-symmetric tets) and a symmetric arrangement of 24 tetrahedral elements (symmetric
tets). For each of these conditions the volumes of the individual elements are identical (V ¼ h3). Each
of the elements and arrangements considered has some advantages and some disadvantages.

2.3. Grid generation

For a circular liner in an axisymmetric EFP there are some issues regarding the generation of
the grid. Fig. 4 shows the gridding approaches considered in this study. The left side gives a simple
h

Symmetric arrangement of 
24 tetrahedral elements

Non-symmetric arrangement
of 6 tetrahedral elements

Brick element

All elements have equal volumes  (V = h³)

1.817 h 2.884 h

Fig. 3. Element arrangements and sizes.
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G.R. Johnson, R.A. Stryk / International Journal of Impact Engineering 32 (2006) 1621–16341626
square represented by symmetric tetrahedral elements (top) and non-symmetric tetrahedral
elements (bottom). The center column shows the resulting grid for a quarter circle, using the same
arrangement (connectivity) as used for the square. This approach provides elements that are
approximately equally sized, but some asymmetries are introduced and some elements are not
formed in a compact manner (especially along the diagonal).
In an effort to introduce more symmetry into the grid, it is possible to put uniform rings around

the outer portions of the circle, as shown on the right side of Fig. 4. This provides the same
number of elements in each of the uniform rings. Here the asymmetries are reduced, but the
elements get larger and larger as they move outward (for a constant radial increment). Again,
there are some advantages and disadvantages for both approaches.
3. Results for EFP computations

A series of computations has been performed to illustrate the effects of the issues discussed
previously. A summary of these computations is provided in Table 1. The column designated by
NUR/NTR is the Number of Uniform Rings (NUR) of elements (on the outer portion of the
radius) and the Number of Total Rings (NTR). All of the computations used the virtual particle
algorithm for sliding/contact (except for the 2D computations made for comparison). All of the
3D computations made use of a plane of symmetry such that only half of the problem was
considered. An attempt was made to use approximately the same number of elements when
comparing the different arrangements of symmetric and non-symmetric tetrahedral elements. The
number of elements indicated in Table 1 are for the half of the problem that was included in the
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Table 1

Summary of the computed results

Case Elements NUR/NTR Velocity (m/s) Length (cm) Diameter (cm)

1 2D triangles — 2387 3.03 5.10

2 Symmetric tets 0/12 2388 2.96 5.18

3 3/12 2384 3.01 5.00

4 6/12 2379 2.92 5.22

5 8/16 2373 2.97 5.10

6 Non-symmetric tets without mixed algorithm 0/20 2396 2.56 5.24

7 5/20 2386 2.50 5.49

8 10/20 2379 3.06 5.22

9 Non-symmetric tets with mixed algorithm 0/20 2380 3.04 4.66

10 5/20 2380 2.98 4.76

11 10/20 2372 3.08 4.85
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grid. The grids are not fine enough to allow the results to fully converge, but they are fine enough
to show the effects of interest, and they are coarse enough to allow the grids to be seen. The
geometry of the axisymmetric EFP is shown in Fig. 1. The liner is Armco iron, the case and the
base plate are 4340 steel and the explosive is Octol. The Johnson–Cook model is used for the
metals [18] and the Gamma law (with programmed burn) is used for the explosive [1].
For the liner in the 3D symmetric tetrahedral element grid there are 144 triangular faces on the

plane of symmetry (for the radius). This is the result of 12 rings of symmetric bricks times 3 layers
through the thickness times 4 triangular faces per symmetric brick. For the 3D liner there are
20,736 tetrahedral elements in the grid (for no uniform rings). An axisymmetric 2D computation
was performed to provide comparisons to the 3D computations. It is not an obvious procedure to
select a 2D grid that is comparable to a 3D grid. The 2D grid is shown in the upper right of Fig. 1
and it is identical to the 3D symmetric tet grid on the plane of symmetry. The computed response
for the 2D simulation is shown on the bottom of Fig. 1. Failure of the metals was not allowed and
the explosive gases were dropped from the computation at t ¼ 25ms:
Fig. 5 shows the grids for four of the cases. The grid in the upper left uses the symmetric

arrangement of tetrahedral elements without any uniform ring (NUR=NTR ¼ 0
12
), and the grid in

the upper right uses the symmetric arrangement with six uniform rings on the outer half of the
radius (NUR=NTR ¼ 6

12
). The grid in the lower left uses the non-symmetric arrangement of

tetrahedral elements without any uniform rings (NUR=NTR ¼ 0
20
), and the grid in the lower right

uses the non-symmetric arrangement with 10 uniform rings on the outer half of the radius
(NUR=NTR ¼ 10

20
). Not shown in Fig. 5 are two additional grids which have uniform rings for the

outer 1
4 of the radius (NUR=NTR ¼ 3

12 for the symmetric arrangement and NUR=NTR ¼ 5
20 for

the non-symmetric arrangement).
The computed results of nine computations are shown in Figs. 6 and 7. The top three

computations are for a symmetric grid, the center row is for a non-symmetric grid, and the bottom
row is for a non-symmetric grid that uses a mixed algorithm [17]. It is evident from Fig. 7 that the
non-symmetric grid produces non-circular liner formations, with and without uniform rings, and
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Fig. 5. Initial grids for symmetric and non-symmetric arrangements, with and without uniform rings.
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with and without the mixed algorithm. It appears that the mixed algorithm exhibits less locking
inasmuch as the NUR=NTR ¼ 0

20
case (lower left in Fig. 7) has more buckling than the

comparable case without the mixed algorithm. For this application the mixed algorithm does not
provide significantly improved results as it did previously for cylinder impact computations [17],
but this is probably due to the errors introduced by the non-symmetric grid arrangement, and the
associated non-symmetric nodal mass distribution. For low-pressure, plastic-flow computations
(such as the cylinder impact computations) the asymmetries (grid and nodal mass distribution) do
not have a significant effect. For explosive shock wave computations it does make a difference,
however, as shown (in Fig. 6) by the distinct deformation patterns at angular intervals of p/4 rad
on the surface of the liner (where the diagonal orientations of the non-symmetric grid are
changed). In all cases, however, the automatic sliding/contact algorithm, with the virtual particles
described previously, performed in an accurate and robust manner.
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The results for the symmetric arrangement of elements also produce some interesting
characteristics. For no uniform rings (NUR=NTR ¼ 0

12
) and for three uniform rings on the outer 1

4
of the radius (NUR=NTR ¼ 3

12) the outer portion of the liner tends to form into a buckling
pattern. This is due to the asymmetries along the diagonals of the initial grid. For these same two
cases the elements on the outer diagonals of the non-uniform rings tend to form a rough surface,
with the secondary (center) nodes of the symmetric brick arrangement poking outward. These
secondary nodes have fewer elements attached to them and they have a corresponding lower mass.
The affected elements on the diagonal are also not as compact as the elements on the uniform
rings. While this phenomena would probably not occur under static loading, the specific shock
loading from the explosive produces this strange deformation pattern.
The computed result in the upper right is symmetric and does not have any of the rough surface

effects. It uses a symmetric grid and uniform rings on the outer half of the radius
(NUR=NTR ¼ 6

12
). It could be argued that the buckling pattern in the other two symmetric

computations is correct, and that the courser grid of the uniform rings does not allow the buckling
to occur. To test this possibility, another computation was performed with a finer grid (16
symmetric rings instead of 12) and it did not buckle. Therefore, it would appear from the
computations presented herein that the best results are achieved with a symmetric arrangement of
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elements and with uniform rings on the outer half of the radius. A similar conclusion was reached
by Maudlin [19] in another study.
A further comparison of the results is shown in the cross-sections of the liners in Fig. 8. Here

the darkened elements represent elements with equivalent plastic strains greater than 0.7. As
expected, there are some distinct differences. Fig. 9, however, shows some strong similarities in the
cross-sections. The 2D axisymmetric computation (from Fig. 1) is shown on the left and the 3D
computation (from the upper right of Figs. 6–8) is shown in the center of Fig. 9. The 3D
computation on the right is from the aforementioned finer grid (with symmetric elements and
uniform rings on the outer half of the radius). In addition to similar strain distributions, the
velocities and geometric shapes are even more similar (as shown in Table 1).
4. Example of high-velocity impact computation

A closely related problem that requires a robust sliding/contact algorithm is that of high-
velocity impact for complex geometries. Such an example is shown in Fig. 10. It consists of a
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Fig. 8. Equivalent plastic strains (�p) on cross-sections at 100ms after detonation (darkened elements have �p40:7).
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projectile, with a tungsten core and a copper sleeve, impacting a three-layer target (7039
aluminum, 1006 steel, 4340 steel) at a velocity of V ¼ 2032m=s and an obliquity of 301. All five of
the materials interact with one another through contact and sliding. For this problem, the
tetrahedral elements are automatically converted into meshless particles when they become highly
strained [10]. The Generalized Particle Algorithm (GPA) is used for the meshless particles [9,10],
the materials are represented with the Johnson–Cook strength and failure models [18,20], and the
sliding/contact algorithm uses the virtual particle algorithm described herein. It can be seen that
the distortions are severe, that there is significant contact and sliding between the different
materials, and that the failed material behind the target is represented. For this class of problems
the virtual particle algorithm (shown in the lower portion of Fig. 2) is much more robust than a
comparable algorithm that does not use virtual particles (shown in the upper portion of Fig. 2).
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Fig. 10. Complex computation of a tungsten/copper projectile impacting a three-layer target (7039 aluminum/1006

steel/4340 steel) at an impact velocity of 2032m/s.
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Again, the reason that the virtual particle algorithm is more robust is that every slave node (with a
virtual particle diameter) can always find the proper master surface with which it should interact.
5. Summary and conclusions

This paper has focused on some considerations for 3D EFP computations. A virtual particle
approach for sliding/contact has been presented, and parametric computations have been
performed for various element and grid arrangements. The symmetric arrangement of tetrahedral
elements, with uniform rings along the outer half of the radius, provided the best results.
Significant differences occurred with other element and grid arrangements. The virtual particle
algorithm is very robust, both for the 3D EFP computations and for an example impact
computation with high distortions and several materials.
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